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1. $x$ ,
S $s_{X}s-1$ , $x$
.
[7].
$x$ $\Leftrightarrow\sup\{||X^{n}|| : n\in \mathbb{Z}\}<\infty$ .
J.Dixmier [5] , .
1. $\varphi$ ( ) $G$ $\mathcal{H}$
. $\varphi$ – (i.e. $\sup_{g\in G}||\varphi(g)||<\infty$
$)$ , S , $S\varphi(\cdot)s^{-1}$
.
$\mathcal{F}\subset B(\mathcal{H})$ ,
$S\in B(\mathcal{H})$ , $S\mathcal{F}S^{-1}$
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, F .
,
. , , $\mathrm{C}^{*}$
Similarity Problem .
2. C* $A$
, $A$ $\mathcal{U}(A)$ .
C* ” ( ’
.
2. $\varphi$ ( ) $G$ $\mathcal{H}$
– . $\psi$ C* $A$ H
. $\varphi$ $\psi$ .
$\varphi(g)\psi(\mathcal{U}(A))\varphi(g^{-1})\subset \mathcal{U}(B(\mathcal{H}))$ for all $g\in G$ .
S $S\varphi(\cdot)s^{-1}$
, $S\psi(\cdot)s^{-1}$ *- .




$(\cdot|.\cdot)$ $\mathcal{H}$ . $f$ $\mathcal{H}$
:
$<\xi|\eta>=m(f_{\xi,\eta})$ ,
$m$ , $G$ invariant mean . $M=$
















$S\psi(x^{*})s-1=(S\psi(X)s-1)$ , for all $x\in A$ .











3. $G_{1},$ $G_{2,\ldots n}c$ , $\varphi$ $G=$
$((G_{1}\lambda G2)\lambda\cdots)\mathrm{x}G_{n}$ H . $\ovalbox{\tt\small REJECT}$
S $S\varphi(\cdot)s^{-1}$ .
. $G$ $g$ , $g_{i}\in G_{i}(i=1,2, \cdots, n)$
, $g=g_{1}g_{2g_{n}}\ldots$ .
$\sup_{g\in G}||\varphi(g)||\leq\sup_{g1\in G1}||\varphi(g1)||g2\in c\mathrm{S}\mathrm{u}\mathrm{p}2||\varphi(g2)||\cdots\sup_{Ggn\in n}||\varphi(gn)||$
,
. ,
$\varphi$ – . 1




4. $a_{1},$ $a_{2},$ $\cdots a_{n}$ –D.J
, $A$ $\{a_{i}, a_{i}^{-1}|i=1,2, \cdots, n\}$ . $B(\mathcal{H})$
. $G$ H –
$\varphi$
$\varphi(g)A\varphi(g)^{-1}\subset A$ for all $g\in G$ ,
, $\{a_{i}, \varphi(g)|i=1,2, \cdots, n, g\in G\}$
.
. $\mathbb{Z}$ 3 , $\mathcal{H}$
$S$ $Sa_{i}S^{-1}$ .
C* $SAS^{-1}$ $u$ ,
:
$S\varphi(g)S-1Su\varphi(g-1)s^{-1}\in S\varphi(g)A\varphi(g^{-}1)s^{-1}\subset SAS^{-1}$ .
$SAS^{-1}$ , $S\varphi(g)s-1su\varphi(g^{-1}).S^{-1}$
, $u$ . , $g\in G$
$S\varphi(g)s-1su\varphi(g^{-1})S^{-1}$





1. $a,$ $b$ , $c$
$aba^{-1}b^{-1}$ . $c$ $a,$ $b$ , $\{a, b\}$
.
2. $a,$ $b$ , $f$ : $Sp(a)arrow Sp(a)$
$bab^{-1}=f(a)$ ,
$\{a, b\}$ .
3. Similarity Problem for $\mathrm{C}^{*}$-algebras
C* $A$ , $\varphi$ $*$ - sim-
ilar , $A$ similarity problem
. $\mathrm{J}.\mathrm{W}$ .Bunce [1] E.Christensen [2] , C*
similarity problem . ’ , E.Christensen
[3] , similarity problem C*
62
property$-\Gamma$ $II_{1}$ -factor .
5 . 2 . 1 :.:. $t$
5. $G$ , $A$ C*
. $A$ similarity problem $A$ $G$
$A\mathrm{x}_{\alpha}G$ similarity problem .
. $\varphi$ , $A\mathrm{x}_{\alpha}G$ . $G$
$u$ $A_{\lambda_{\alpha}}G$ $\{x, u_{g}|x\in A, g\in G.\}$
C* . $\alpha$ : $Garrow Aut(A)$
$u$ , :
$u_{g^{Xu_{g}^{-1}}g}=\alpha(x)$ .
$A$ , $S_{1}\in B(\mathcal{H})$
$x\in Aarrow S_{1}\varphi(X)S1-1\in B(\mathcal{H})$
, *- .
$\varphi_{1}(\cdot)=s_{1\varphi}(\cdot)s_{1}^{-1}$ , $J$ $\varphi_{1}$ . $J$
$Ax_{\alpha}G$ $J$ *- .
63
$A_{\lambda_{\alpha}}G$ $(Ax_{\alpha}G)/J$ $*$ - $\pi$ .
$(A\lambda_{\alpha}c)/J$ $\pi(x)$ , $\tilde{\pi}(\pi(x)):=\varphi_{1}(x)$
, $\tilde{\pi}$ . , $\varphi_{1}$ *
, $\tilde{\pi}|_{\pi(A)}l\mathrm{h}\pi(A)$ $\varphi_{1}(A)$ $*-$ .
,
$\varphi_{1}(u_{g})\mathcal{U}(\varphi 1(A))\varphi 1(u_{\mathit{9}})^{-}1\subset \mathcal{U}(\varphi_{1}(A))$
. , $\varphi_{1}(x)$ $x$
C* $A$ . $\tilde{\pi}|_{\pi(A)}$ $*-$
, $\pi(x)$ .
$\pi(\alpha_{g}(X))=\pi(u_{g}xu_{g}-1)=\pi(u)g\pi(X)\pi(u_{\mathit{9}})^{-}1$




, $S_{2}\in B(\mathcal{H})$ ,
$x\in Aarrow S_{2}\varphi_{1}(x)S_{2}-1\in B(\mathcal{H})$
64
* ,
$g\in Garrow S_{2}\varphi 1(u)gS^{-1}2\in B(\mathcal{H})$
.
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